Supplementary materials

bew Plane group a b v,
{ X X ) p2mm 2.0000 1.7321 90
< >< >< > Vertex CN X
\/ \/ Uy 4 0
O/\ AN U, 4 0.25 0.5
Number of Vertex fractional Length
the growth coordinates e of the
Growth polygon polygon | | o, ray
vertex i Xi i d(T’;)
0 1/2 0 0 2
1 1/3 1/3 40.893 3
2 0 1/2 90 2
3 ~1/3 1/3 139.107 3
4 ~1/2 0 180 2
5 _1/3 13 220.893 3
6 0 ~1/2 270 2
7 1/3 ~1/3 319.107 3
Vertex u;
Tab. 1: Values of o;, and d(x,X;)
Number of the k d(x,x)
sector, i 1121734715
0 Ooj0]1]1]1 2
1 110011 0
2 1]10]0|1]1 0
3 0O/0]1]1]|1 2
4 O[O0 |1 |11 2
5 110011 0
6 110011 0
7 O|/0|1 1|1 2
Tab. 2: Values of & and 57 .
Number | & 5
ofthe [k K
sector,i [ 1 0 |1
0 112 |1 |1
1 1 ]0 |1 |0
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For n>3
e, (u)=4r,(n-12,3)+4r,(n—4;2,3) +8r,(n—5;2,3) +4r,(n—6;2,3) + 4r,(n - 7;2,3) + 61,(n; 2) +
+61,(n—1,2) + 4r,(n;3) + 4r,(n— 2;3).

4n-2,n=0,2,4(mod6)

For n>3 e (u)= '
(W) {4n+2,nsl,3,5(m0d6)

Vertex u;

Tab. 1: Values of o;, and d(x,X)

Number of the | k d(x,x)
sector, i 1 12 13 14 |5

0 0|1 |0 |1 |1 |0

1 0O |0 |1 (1 |1 ]0

2 1112 |0 |0 |1 |O

3 0|0 |1 |1 |1 |O

4 0|0 |1 |1 |1 |O

5 11 |0 |0 |1 |O

6 0|0 |1 (1 |1 ]0

7 0|1 |0 |1 |1 ]0

Tab. 2: Values of 5% and 5% .

Number | 6% | &7
of the K K
sector, i 0 1 (o [1
0 1 (1 (0 |0
1 1 ({0 |0 |0
2 1 {0 (0 |O
3 1 {0 (0 |O
4 1 (1 ]0 |0
5 1 ({0 |0 |0
6 1 {0 (0 |O
7 1 {0 (0 |O
For n>1

e,(u,)=2r,(n-12,3)+4r,(n—-2;2,3) +4r,(n-3;2,3) + 6r,(n - 4,2,3) +8r,(n-5;2,3) +
+4r,(n; 2) + 2r,(n -1 2) + 4r,(n; 3).

Forn>1 e (u,)=4n,n=0,1234,5mod6) .



Plane group a b Y, ©
p4mm 3.7321 3.7321 90
Vertex CN X y
Uz 3 0.1340 0.5
Uz 4 0.3660 0.3660
Number of Vertex fractional Length
the growth coordinates e of the
Growth polygon polygon _ | 0, ray
vertex i Xi Yi d(r,)
0 1/4 0 0 4
1 1/6 1/6 45 6
2 0 1/4 90 4
3 -1/6 1/6 135 6
4 ~1/4 0 180 4
5 -1/6 -1/6 225 6
6 0 -1/4 270 4
7 1/6 -1/6 315 6
Vertex u;
Tab. 1: Values of o;, and d(x,X;)
Number of the k d(x,x)
sector, | 1[2]3]4]5]6]7][8[9]10
0 1110|002 |2 |1]|1]1 0
1 oj1}2|0|]0|0|2]2|1]1 2
2 i1(1(0j0|O0]1]|2|1|1]1 4
3 o(1(2j0(0]|J0|21|2|1]1 0
4 o(1(2j0(0]|J0|21|2|1]1 0
5 11100 |0|2 |2 |1]|1]1 4
6 o(1(2j0(0]J0|2 |2 1|1 2
7 111010022 |1]|1]1 0
Tab. 2: Values of &, and &7
Number 5&) 5i(§)
of the k k
el o T 7234|012 ]3]4
0 11]0(0}]2]0]0[0]0]0]|O0
1 11]0(0]0]1,0[0]0]0]|O0
2 111(2(1j0212(12j1]2|0
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For n>5
e, (u)=2r,(n-14,6) +4r,(n—2;4,6) + 4r,(n—3;4,6) + 2r,(n — 4;4,6) + 61,(n—5;4,6) + 4r,(n — 6;4,6) +
+6r,(n—7,4,6) +6r,(n—-8;4,6) + 6r,(n—9;4,6) +10r,(n —-10;4,6) + 6r,(n —11,4,6) + 4r,(n—12;4,6) +
+2r,(n—13;4,6) + 2r,(n —14;4,6) + 6r,(n;4) + 7r,(n—1,4) + 6r,(n — 2;4) + 51, (N — 3;4) + 41,(n;6) +
+2r,(n—2;6) + 2r,(n — 4,6).

For n>5
8n—6 ,n=0(mod12) 8n—8 ,n=4(mod12) 8n—4 ,n=8(mod12)
M, n=1(mod12) 8n+5 ,n=5(mod12) 8n+3 ,n=9(mod12)
€ (ul) = ' € (ul) = ' € (ul) = .
8n+8 ,n=2(mod12) 8n+6 ,n=6(mod12) 8n+4 ,n=10(mod12)
8”—3_3, n=3(mod12) 80=5 = 7(mod12) 801 _11(mod12)
Vertex u;
Tab. 1: Values of o;, and d(x,X;)
Numb K
e of d(x.x)
sector. 1123|4567 |8]9]10
i
0 1112 |1(0]0]0]|1]1 1
1 o(1(2]0]0]0|1|2]1]1 2
2 ojofo0jo0oj1]2|2 1|11 0
3 11|12 |1(0]0]0|1]1 0
4 ojo0ofojoj1j22 1|11 3
5 1112 |1(0]0]0]|1]1 6
6 111|210 ]0]0]|1]1 0
7 ojof(o0jo0o|j1]2|2|1]1]1 0
Tab. 2: Values of & and 52 .
Number 5,(3 55?
of the K Kk
sector, 1 T'oT1[2[3[4[5[6[7[8]9]0[1[2[3[4[5[6][7[8]9
0 1/0(0(212|0J0|J0O|JO]jJO|JOfO|O|JO|0O]J0O]JO]jO]|0O]0O]O
1 1(0(0(0Of12|2|J0|J0OjO|JO0O(1|2|0|0]J0OjJO]|0O|0]|0]|O
2 111204200 j0O|O0O|0OjO]21|0O]0O|O0O]O0O|JO0O]O0|0]0O]O
3 11]0;j0/0j0|O0OjO|O|]O]O]O|JO]O|JO]0O0|JO]0O|0]0]O
4 1112j0/0]0l0j0O|O|]O]O]O|JO]O|JO]O0O|J0O]0O|0]0]O
5 i1(1/0(0(0J0O|JO|jOjO|JOf1|2|22]|2]2|0]0]0]0O0
6 i1/0(0(212(12j2j0j0j0O|2(1(0|0|0]J0OjJO|0O|0]|0]|O
7 1100400l O0OjO|O|Oj]O]O|JO]O|O]O0O|JO]O0O|0]0O]O




For n>7

e,(u,)=2r,(n-1,4,6)+3r,(n—2;4,6) +3r,(n—3;4,6) + 6r,(n — 4;4,6) +8r,(n—5;4,6) + 5r,(n - 6;4,6) +
+51,(n—7;4,6) +4r,(n—8;4,6) +8r,(n—9;4,6) +11r,(n —10;4,6) + 4r,(n—11,4,6) + 2r,(n —12;4,6) +
+1,(n—-13;4,6) +r,(n—15;4,6) + r,(n —16;4,6) + 5r,(n;4) + 4r,(n—-1,4) + 2r,(n— 2;4) + 3r,(n - 3;4) +

+61,(n;6) +5r,(n—-1,6) +3r,(n—2;6) + r,(n—3;6) + r,(n —4;6) + ,(n —5;6).

For n>

€, (uz) =

7

8”—3‘3, n=0,6(mod12)

8n+10

,n=1(mod12) , e (u,) =

S”T‘l, n=2,8(mod12)

?,n =3(mod12)
8n+4 ,n=4,10(mod12), e, (u,) =
8n+2

3 n=5(mod12)

8n-2

,n=7(mod12)

%, n=9(mod12) .

8n-10

,n=11(mod12)




Plane group a b Y, °
p6 3.6056 3.6056 120
Vertex CN X y
Uz 6 0.1539 0.5385
Uz 5 0.3077 0.0769
wber o | Vo o
f the
Growth polygon the growth ai, © 0
polygon % _ ray
vertex i ! yi d(r,)
0 1/4 0 0 4
1 3/10 1/10 19.107 10
2 1/4 1/4 60 4
3 1/5 3/10 79.107 10
4 0 1/4 120 4
5 -1/10 1/5 139.107 10
6 -1/4 0 180 4
7 -3/10 -1/10 199.107 10
8 -1/4 -1/4 240 4
9 -1/5 -3/10 259.107 10
10 0 -1/4 300 4
11 1/10 -1/5 319.107 10
Vertex u;
Tab. 1: Values of o;, and d(x,X)
Number k
of the d(xx)
sector, i 1123|4567 (8(9]10|11 (12|13 | 14
0 1 ]111/1(1(0j0}1|1] 1 1 1 1 1 0
1 0 (1]1(2(3|3[3[3|3]|1 2 1 0 1 0
2 1|11 /1(1(1(1j0|0] 1 1 1 1 1 0
3 0 |1(2|2|2|3|3|3|3]| 2 2 0 0 1 0
4 110012221111 1 1 1 1 0
5 0 |1(]2|2|3|2|3|3|2]| 2 2 1 0 1 0
6 1 ]1|11/1(1(1(0j0|1] 1 1 1 1 1 0
7 0 /1121|3333 |3] 2 1 1 0 1 0
8 1 ]111/1(0(0j2 1|11 1 1 1 1 0
9 0 |]0(2|2|3[|3|3|3|2]| 2 2 1 0 1 0
10 1 (1j1(1j1(1j1(1)1) 1 0 0 1 1 0
11 0 |1(]2|2|2|3|3|2|3]| 2 2 1 0 1 0




Tab. 2: Values of 5% and 57 .
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For n>1

e,(u,) =6r,(n-1,4,10) +10r,(n—-2;4,10) +16r,(n—3;4,10) +17r,(n—4,4,10) + 21r,(n—5;4,10) +
+21r,(n—6;4,10) + 22r,(n—7,4,10) + 21r,(n—8;4,10) + 21r,(n —9;4,10) +17r,(n-10;4,10) +
+16r,(n-11,4,10) +10r,(n-12;4,10) + 61,(n—13;4,10) +12r,(n - 14,4,10) + r,(n; 4) + r,(n; 8).

27n

5 n=0,5,10,15(mod 20)

2in+4 . _g18(mod 20)
27n+1 5
,n=7,17(mod 20) 97— 4
97 ,n=2,12(mod 20)
For n>1 e, (u)= n _1, n=3,13(mod20) , e, (u)= 5 :
27n+7
,n=4,14(mod 20)
27n+3 5
,n=1,11(mod 20) 277
27n—3 ,n=6,16(mod 20)
=3 h=9,19(mod 20) 5
Vertex u;
Tab. 1: Values of o;, and d(x,x;)
Number k
of the d(x,%)
sector, i 1(2|3(4|5|/6(7|8(9]10|11|12|13|14
0 1(1)j1j1f(1)1j12f41j1j1|1)0|0}]|1 0
1 0[{1(2|2|3|2|3|3(|2|2|2|1]|]0]1 0
2 1(1|j0j0f2j1j2f1j1j1|1|1(1]|1 0
3 0|1(2|2|3|3|2(3|3|1|2|1]|0]|1 0
4 1(1|j1jo0f0j1j2f1j1j1|1|11]|1 0
5 0(1(22|3|3|3|2(3|2|1|1]|]0]1 0
6 ojoj2y1j1j2j1j2f1j1 1111 0
7 0|{1(2|2|2(3|3|2(|3|2|2|1|0]1 0
8 1(1|j1j1f(1|1j1f1j1j0j0|1|1]1 0
9 0|{1(2|1|3|3|2|3|3|2|2|1|]0]1 0
10 1(1)j1j1f(1)1j12fy1j0j0j2|1(1]|1 0
11 0(1(1/2|3]2|3|3(3|2|2|1]|]0]1 0




Tab. 2: Values of 5 and 52 .
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For n>1

e, (u,) =5r,(n-14,10) +11r,(n - 2;4,10) +16r,(n —3;4,10) +15r,(n — 4;4,10) + 22r,(n —5; 4,10) +
+22r,(n—6;4,10) + 22r,(n—7;4,10) + 22r,(n -8, 4,10) + 22r,(n - 9;4,10) +15r,(n —10;4,10) +
+16r,(n-11;4,10) +11r,(n-12;4,10) +5r,(n —13;4,10) +12r,(n —14; 4,10) + r,(n; 4) + r,(n;8).

27n

5 n=0,5,10,15(mod 20) 27n -2

27n+1 ,n=1,11(mod 20)
12 h=2, 7,12,17(mod 20)
For n>1 e (u,)= e (u,)=

21\ _381318(mod20)

27n+3

,n=6,16(mod 20) .

27n-3

,h =4,14(mod 20)

27n+2

,n=9,19(mod 20)




krb Plane group a b v, ©
pémm 3.0000 3.0000 120
Vertex CN X y
Uz 6 0.3333 0.6667
Uz 5 0.0000 0.3333
Number of Vertex fractional Length
coordinates of the
Growth polygon the growth I ai, °
polygon . _ ray
vertex i Xi Yi d(r,)
0 1/3 0 0 3
1 1/3 1/3 60
2 0 1/3 120 3
3 -1/3 0 180 3
4 -1/3 -1/3 240 3
5 0 -1/3 300 3
Vertex u;
Tab. 1: Values of ¢;, and d(x,X;)
Number of the k d(x, %)
sector, i 11237456
0 0/]012]3]|]2]1 0
1 011(2(2|2]|1 0
2 0j]0j2]3|2]1 0
3 011122 |2]|1 0
4 0/]012]3]|]2]1 0
5 011(2(2|2]|1 0
Tab. 2: Values of & and 5 .
Number 5% e
of the K K
sector,i [ g [ 112101112
0 1]11]1]0]0]0O
1 111]1]0]0]0
2 111]1]0]0]0
3 1]11]1]0]0]0O
4 111]1]0]0]0
5 1]1]1]0]0]0




For n>1

e,(u,)=3r,(n-2;3,3)+12r,(n-3;3,3) +15r,(n—4;3,3) +12r,(n - 5;3,3) + 61, (N - 6;3,3) +
+6r,(n;3) +6r,(n—1;3) +61,(n—2;3).

6n,n=0(mod 3)
For n>1 e,(u)=15n+Ln=1(mod3) .
5n-1,n=2(mod3)

Vertex u;

Tab. 1: Values of o;, and d(x,X;)

Number of the k d(x,x)

sector, i 11213145716

0 o(11113|2]1 0

1 0111212 12]1 1

2 0111212 12]1 1

3 o(1(1113|2]1 0

4 o(11113|2]1 1

5 o(11212]|2]1 3
Tab. 2: Values of & and 5%
Number 55 57
of the k K
sector,1 o T1[2[3[4a]5|0[1]2[3[4]5
0 1/11}21|1}1(1|]0|0|0]0¢|O
1 1/1(1}0|0|0O0O|JO|JO|O]O]O0]O
2 1/14(1}1(1{0|1|212(12(0]01]0O0
3 1/1(1}0|0|0O0O|JO|JO|O]O]O0]O
4 1/11}1/0|0|0|O0O]JO]JO|O0]O0O]|O
5 112(1/0|0|0|1]1]|2|10]01|0O0
For n>4

e(u,,n)=2r,(n-2;3,3) +5r,(n—3;3,3) +11r,(n - 4;3,3) +12r,(n -5; 3,3) +10r,(n - 6; 3,3) + 5r,(n - 7;3,3) +
+2r,(n-8;3,3) +1,(n—9;3,3) +11r,(n; 3) +11r,(n -1;3) +11r,(n - 2; 3).
16n-3

,n=0(mod3)
16n+2

For n>4 e, (u,)= ,n=1(mod3) .

16n+1

,n=2(mod?3)



krc Plane group a b Y, °
W c2mm 1.0000 7.1962 90
VAVAVAVAVAVAVAVAVAN
Vertex CN X y
Uz 6 0 0.3102
Uz 5 0 0.0695
Number of Vertex fractional Length
the growth coordinates of the
Growth polygon ai, ©
polygon _ _ ray
vertex i Xi i d(T’;)
0 1 0 0 1
1 3/8 1/8 67.369 8
2 -3/8 1/8 112.631 8
3 -1 0 180 1
4 -3/8 -1/8 247.369 8
5 3/8 -1/8 292.631 8
Vertex u;
Tab. 1: Values of o;, and d(X,X,
Number of the k d(x,x)
sector, i 112[3|4]|5|6]7[8|9]10/11]12|13|14|15]|16
0 1/0j1j1]2|0f1|1|1|0|0O0]0O]O]O]O]O 0
1 0|2[3]|2|3|5|6|/5|6]4|3[4]3|]1]0]1 0
2 1/0j1]1]2|0|1|1|1|0|0O0]|0O]O]O]JO]O 0
3 1/1/0j1]2|1|0|1|1|0|0O0]j0O]O]O]JO]0O 0
4 0[1[3]|2|3|/4|6|/5(6]5[3[4]3|]2]0]1 0
5 1/1/0j1]2|1|0|1|1|0|0O0]0O]O]O]JO]O 0
Tab. 2: Values of 5 and 5% .
Number W 5
of the K K
sector,i [ ¢ 1 2 3 4 0 1 2 3 4
0 1 0 0 0 0 0 0 0 0 0
1 1 0 0 0 1 0 0 0 0 0
2 1 0 0 0 1 0 0 0 0 0
3 1 0 0 0 0 0 0 0 0 0
4 1 0 0 0 1 0 0 0 0 0
5 1 0 0 0 1 0 0 0 0 0




For n>1

e,(u)=4r,(n-11,8)+2r,(n-2;1,8) + 2r,(n—3;1,8) + 4r,(n— 4;1,8) +8r,(n-5;1,8) + 2r,(n - 6;1,8) +
+2r,(n—-7;1,8) + 4r,(n—-8;1,8) + 4r,(n-9;1,8) + 3r,(n - 2;8,8) + 6r,(n—3;8,8) + 4r,(n — 4,8,8) +
+6r,(n-5;8,8) +9r,(n-6;8,8) +12r,(n—7,8,8) +10r,(n—8;8,8) +12r,(n—9;8,8) + 9r,(n—10;8,8) +
+6r,(n-11;8,8) +8r,(n—-12;8,8) + 6r,(n—13;8,8) + 3r,(n —14,8,8) + 2r,(n -16;8,8) +

For n>1

Vertex u;

e, (u)=

11n

1In+1

1in-1

+2r,(m;1) + 4r,(n;8) + 4r,(n—4;8).

T,n =0,2,4,6(mod8)

,n=1,5(mod8)

,n=3,7(mod8)

Tab. 1: Values of o;, and d(x,x;)

Number of the k d(x,x)
sector, i 112(3|4(5|6|7(8|9|10|11(12|13|14 |15 |16
0 1{1/1/0|2(1|1|0(20|J0O|J0O0O|0O]|]0O0O|0]O 0
1 0(1(2|2(3|4|5|/5|6/5|4]4|3|2|1]|1 0
2 1{1/1/0|2(1|1|0(20|J0O0O|J0O|0O]|]0O0O|0]O 0
3 oj1(1y2|j12}1(2j2j12;0|0j0}j0|0O0]O0O]O0 0
4 112(3(2(4|5|6(5|/5|4 (3|42 ]1|0]1 0
5 of1y1y2¢2{142(2j12,0(0}0}0]j0|0]|O0 0
Tab. 2: Values of 55 and 52 .
Number 5,(3 55?
of the Kk k
sector, 1 [ 1 2 3 4 0 1 2 3 4
0 1 0 0 0 0 0 0 0 0 0
1 1 0 0 0 1 0 0 0 0 0
2 1 0 0 0 1 0 0 0 0 0
3 1 0 0 0 0 0 0 0 0 0
4 1 0 0 0 1 0 0 0 0 0
5 1 0 0 0 1 0 0 0 0 0
For n>1

e, (u,) =2r,(n-11,8)+4r,(n-2;1,8) + 4r,(n-3;1,8) + 2r,(n - 4;1,8) + 61,(n —5;1,8) + 4r,(n - 6;1,8) +
+4r,(n-7;1,8) + 2r,(n—8;1,8) + 4r,(n—9;1,8) +r,(n—1,8,8) + 3r,(n - 2;8,8) + 5r,(n—3;8,8) +
+4r,(n—-4,8,8) + 7r,(n - 5;8,8) + 9r,(n—6;8,8) +11r,(n - 7,8,8) +10r,(n—8;8,8) +11r,(n - 9;8,8) +
+9r,(n-10;8,8) + 7r,(n—11,8,8) +8r,(n —12;8,8) + 5r,(n —13;8,8) + 3r,(n —14,8,8) +

+r,(n-15;8,8) + 2r,(n —16;8,8) + 2r,(n;1) + 4r,(n; 8) + 4r,(n — 4;8).

For n>1

e,(u)=

%,n =0, 2,4,6(mod8)

1in-1

,n=1,5(mod8)

1In+1

,n=3,7(mod8)



krd Plane group a b °
—m P2mm 1.0000 2.7320 90
Vertex CN X y
Uz 6 0 0
/\/ \ " 5 05 0.3170
Number of Vertex fractional Length
the growth coordinates of the
Growth polygon ai, °
polygon . _ ray
vertex i X yi d(r,)
0 1 0 0 1
1 1/3 1/3 69.896 3
2 -1/3 1/3 110.104 3
3 -1 0 180 1
4 -1/3 -1/3 249.896 3
5 1/3 -1/3 290.104 3
Vertex ug
Tab. 1: Values of o;, and d(x,X;)
Number of the k d(x,x)
sector, i 1121374516
0 1/0|1]1]|0]0 0
1 0[2]1]2]0]1 0
2 1/0]1]1]0]0 0
3 1/0]/1]1]0]O0 0
4 0(2]1]2]0]1 0
5 1/0]1]1]|0]0 0

Tab. 2: Values of & and 52 .

Number | &5 | &
of the k K
sector, i
0
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For n>1
e,(u)=4r,(n-11,3)+4r,(n-3;1,3) +4r,(n—4;1,3) + 4r,(n - 2;3,3) + 2r,(n —3;3,3) + 4r,(n — 4;3,3) +
2r,(n—-6;3,3) + 2r,(n;1) + 4r,(n; 3).

an,nsO(mod:%)

16n+2

Forn>1 e (u)= ,n=1(mod3) .

16n-2

,n=2(mod 3)

Vertex u;
Tab. 1: Values of o;, and d(x,X;)

Number of the k d(x,x)
sector, i 1121314156
0 0j1j1)1]0]0 0
1 1/2/]1|1|0]1 0
2 0j1]1(1]0]0 0
3 1/1]0[1]|0]0 0
4 0j1]1(2]1]1 0
5 1/1/0]1|/0]0 0
Tab. 2: Values of & and 5 .
Number | 55 | 6%
of the K K
sector,i [ o 0
0 1 0
1 1 0
2 1 0
3 1 0
4 1 0
5 1 0
For n>1

e, (u,)=2r,(n-11,3)+4r,(n—2;1,3) + 2r,(n - 3;,1,3) + 4r,(n—4;1,3) +r,(n—1,3,3) + 3r,(n — 2;3,3) +
+2r,(n—-3;3,3) +3r,(n—4;3,3) + 1,(n—5;3,3) + 2r,(n - 6;3,3) + 2, (n; 1) + 41, (n; 3).

16?n, n=0(mod3)

16n-1

For n>1 e (u,)= ,n=1(mod3) .

16n+1

,n=2(mod 3)



Plane group a b Y, °
v v pémm 2.7321 2.7321 120
v Vertex CN X y
A Up 6 0 0
v v Uz 5 0.2113 0.4226
Number of Vertex fractional Length
coordinates of the
Growth polygon the growth ai, ©
polygon . _ ray
vertex i i yi d(T)
0 1/3 0 0 3
1 2/5 1/5 30 5
2 1/3 1/3 60 3
3 1/5 2/5 90 5
4 0 1/3 120 3
5 -1/5 1/5 150 5
6 -1/3 0 180 3
7 -2/5 -1/5 210 5
8 -1/3 -1/3 240 3
9 -1/5 —2/5 270 5
10 0 -1/3 300 3
11 1/5 -1/5 330 5
Vertex u;
Tab. 1: Values of o;, and d(x,X;)
Number of the k d(x,x)
sector, i 1]2(3|4|5|6]|7]8
0 oj1|1|]1]1]1]1]1 0
1 o(1j1j1)]1]1]1|1 0
2 o(1j1j1]1]1]1|1 0
3 oj1|11|]1]1]1]1]1 0
4 oj1|1|]1]1]1]1]1 0
5 o(1j1j1)]1]1]1|1 0
6 o(1j1j1]1]1]1|1 0
7 o(1j1j1]1]1]1|1 0
8 oj1|11|1]1]1]1]1 0
9 oj1|1)]1]1]1]1]1 0
10 o(1j1j1)]1]1]1|1 0
11 o(1j1j1]1]1]1|1 0
Tab. 2: Values of & and 57 .
Number 55 5
of the K k
sector, 1 fo[1[2[3[4]0]1[2][3[4




0 1/0|0|0O0|O|O|O|O|O]|O
1 1(110|0|1|0|0|O|0O0]|O
2 1/0|0|O0|O|O|O|O]|O]|O
3 111001 |0|0|O0O]|0O0]|O
4 1/0|0|0]JO|O|JO]|O]|O]|O
5 1/110|0|1|0|J0O]|O0O]|0O0]|O
6 1/0|0|0|O|O|JO]|O]|O]|O
7 1(110|0|1|0|0|O0O|0O0]|O
8 1/0|0|O0jJO|O|JO|O]|O]|O
9 1/110|0|1|0|J0O]|O0O]|0O0]|O
10 1/0|0|0|O|O|JO]|O]|O]|O
11 1110|0121 |0|0|O0O]|0O0]|O
For n>1

e (u,)=12r,(n-2;3,5)+12r,(n—3;3,5) +12r,(n—4;3,5) +12r,(n—5;3,5) +12r,(n - 6;3,5) +12r,(n—7;3,5) +

+12r,(n—8;3,5) +61,(n;3) + 61,(n;5) + 61,(N —1,5) + 61, (N — 4;5).

@, n=0(mod15) 28n5+ 10 ,n=5(mod15)
28n+2 ,n=1(mod15) 28n5+12 ,n=6(mod15)
e (u)=1 2814 1 _o(modis) e (uy) = 28”5_16 n=7(mod15), e, (u,) =
28n+6 ,n=23(mod15) 28n5+16 ,n =8(mod15)
28n - 22 ,n = 4(mod15) 28n -12 ,n=9(mod15)
Vertex u;
Tab. 1: Values of o;, and d(x,X;)
Number of the k d(x,x)
sector, i 1123 |4|5|6]|7]8
0 oj1|11|]1]1]1]1]1 0
1 oj1|1|]1]1]1]1]1 0
2 oj1/0|1]1]2]1]|1 0
3 o(1(0|1|1]2]1]1 0
4 o(1j1j1]1]1]1|1 0
5 oj1|11|]1]1]1]1]1 0
6 oj1|1]2]1]1]0]|1 0
7 o(o0j1j2|1]1]1|1 0
8 o(0j1(2]|]1]1]1]|1 0
9 o(0j1(2]|]1]1]1]|1 0
10 ojo0|1]2]1]1]1]|1 0
11 oj1|11]2]1]1]0]|1 0

28n-10

,n=10(mod15)

280+22 | _11(mod15)

28n-6 ,n=12(mod15) .

28n—-4

,n=13(mod15)

2802 | _14(mod15)




Tab. 2: Values of & and 57 .

Number 35 55
of the k k

sector,1 ' o[ 123401234
0 1/ololofo]loloflo]o]o
1 1/ololof1]oloflo]o]o
2 1/1]o0lolo]lofoflo]o]o
3 1/oflofl1]12]o]loflo]o]o0
4 1/1]o0lofo]lofoflo]o]o
5 1/ololof1]oloflo]o]o
6 1/ololofofloflolo]o]o
7 1/1]0lolo]lofloflo]o]o
8 1/ol1lolo]lofoflo]o]o0
9 1/1]1lolo]lofoflo]o]o
10 1/ol1lolo]lofloflo]o]o
11 1/1]o0loloflofloflo]o]o

For n>1

e,(u,) =8r,(n—-2;35)+10r,(n-3;3,5) +18r,(n—4;3,5) +12r,(n—5;3,5) +14r,(n—6;3,5) +
+10r,(n—7;3,5) +12r,(n-8;3,5) + 6r,(n; 3) + 2r,(n—1,3) + 2r,(n — 2;3) + 61;(n; 5) + 3, (N —1,5) +
+r(n—-2;5)+r,(n-3;5)+3r,(n—-4;5).

z—zn, n=0,5,10(mod15) 281 +1
28n—3 n+ ,n =3,8,13(mod15)
For n>1 e, (u,)= ,n=1,6,11(mod15), e, (u,)=
28n+3

,n=4,9,14(mod15)

,n=2,7,12(mod15)

28n-1
5



krf Plane group a b Y, °
p6mm 47321 47321 120
Vertex CN X y
Uz 6 0.3333 0.6667
Uz 4 0.1220 0.4553
Number of Vertex fractional Length
coordinates of the
Growth polygon the growth : a, ©
polygon _ . ray
vertex i Xi yi d(I’)
0 1/5 0 0 5
1 1/5 1/5 60 5
2 0 1/5 120 5
3 -1/5 0 180 5
4 -1/5 -1/5 240 5
5 0 -1/5 300 5
Vertex u;
Tab. 1: Values of o;, and d(x,x;)
Number of the k d(x,x)
sector, i 1[2[3[4[5][6][7]8]9]10
0 0[{0{0]0|2|4|3|2|2]1 0
1 0(2(3|2|2(2|0]|0|2] 1 0
2 0/{0j0|0|2(4|3|2|2]1 0
3 0(2(3|12]2(2|0]0|2] 1 0
4 0/{0]0|0|2(4|3|2|2] 1 0
5 0|2[3]|2|2|2|0|0|2]1 0
Tab. 2: Values of & and 52
Number 55 5
of the K K
sector,ifoJ1]2[3J]4[0[1]2[3]4
0 1]1|]0j0|1]0]0|0]O]O
1 1]1]0j0|J1]0]0O0]J0O]0O]O
2 1]1]0j0|J1]0]0O0]J0O]0O]O
3 1/1/0(0]1]0]|0]|]0]0]O
4 1/1(0(0]1]0]0]0O0]O]O
5 1]1|]0j]0|1]0]0|0]O]O




For n>1
e,(u,) =6r,(n-2;5,5)+9r,(n-3;5,5) + 6r,(n—4,5,5) +12r,(n -5;5,5) +18r,(n - 6;5,5) + 9r,(n - 7,5,5) +
+6r,(n-8;5,5) +12r,(n—-9;5,5) + 6r,(n—10;5,5) + 61,(n;5) + 61,(n —1,5) + 61, (N — 4;5).

18n _18n 12 ,n=1(mod5)
—,n=0(mod>5) 5
Forn>1 e /(u)=4 5 , e,(u) = 18n-12 :
3n,n =2,3(mod5) ——~ n=4(mod5)
Vertex u;
Tab. 1: Values of o;, and d(x,X;)
Number of the k d(x,x)
sector, i 1/2[(3(4|5|6|7[8|9]|10
0 oj111(1(113(3|2|1]|1 0
1 0(2|13|2|2|2]0|0]2]| 1 1
2 1(12|2(1|1(111|2|2] 1 3
3 1(12|2(1|1(111|2|2] 1 0
4 oj111(1(113(3|2|1]|1 3
5 oj111(1(113(3|2|1]|1 2
Tab. 2: Values of & and 5 .
Number 5&) 5}(,?
of the Kk K
sector,1 o[ 123456 [7|0[1]2[3[4[5[6]7
0 i1|/12(0(1|12|0}]0|0O0|2|0|0O0]J0O|O|O]O]O
1 i1{1j0/0|212|0|O|0O|O|]O|O]|]O|O|O|0O0]0O
2 i1/10(0|212}|2|1|]0|0(2(2]0]O0|21]|1]|1]0
3 i1/,0(0}0}1|0|0O|2|2j0]0]O0O|0]O0O]|JO]|O
4 i1/12(12}0|(0|0O0O|JO|JO|O}O]O]O|]O0O]O]|JO]|O
5 1/14(1}2{3|1|]0|0(2(2|212|1|1|]0|0/|0
For n>4

e (u,)=r,(n-15,5)+3r,(n—-2;55) +5r,(n—3;5,5) + 7r,(n — 4;5,5) +8r,(n—5;5,5) +10r, (n — 6;5,5) +
+9r,(n-7;5,5)+9r,(n-8;5,5) +10r,(n—9;5,5) +10r, (n—10;5,5) + 6r,(n —11,5,5) + 4r,(n —12;5,5) +
+2r,(n-13;5,5) +8r,(n;5) +9r,(n—1,5) +10r,(n — 2;5) + 7r,(n —3;5) + 5r,(n — 4;5).

M, n =0(mod5) 16042
s N* < h=3(mod5)
For n>4 e, (u,) = ,n=1(mod5) , e, (u,)= .
17n-8
160 +13 ,n=4(mod5)
c ,n=2(mod5)




Plane group a b v,
pémm 3.0000 3.0000 120
Vertex CN X y
Uz 6 0 0
Uz 4 0 0.3333
Number of Vertex fractional Length
coordinates of the
Growth polygon the growth I ai, °
polygon . _ ray
vertex i Xi yi d(T;)
0 1/3 0 0 3
1 1/3 1/3 60
2 0 1/3 120 3
3 -1/3 0 180 3
4 -1/3 -1/3 240 3
5 0 -1/3 300 3
Vertex u;
Tab. 1: Values of o;, and d(X,x;)
Number of the k d(x,x)
sector, i 1123|456
0 0/]0]2]2]2]1 0
1 0] 0|2 |2]|2]|1 0
2 0] 0|2|2]|2]|1 0
3 0|02 ]2]|2]1 0
4 0] 0|2|2]|2]|1 0
5 0/]0]2]2]2]1 0
Tab. 2: Values of &, and 52 .
Number | &% 5%
of the K K
sector, i ol1l2]o0l1T12
0 1]1]1]0]0]0O
1 1112(1]0|0]|O0
2 1/1(1(0]0]0
3 1/1(1(0]0]0
4 111(1]0]0]|0
5 1]1]1]0]0]0O




For n>1
e, (u)=12r,(n-3;3,3) +12r,(n—4,3,3) +12r,(n-5;3,3) +12r,(n - 6;3,3) +
+6r,(n;3) +6r,(n—1,3) + 61,(n—2;3).
6n,n =0(mod 3)
Forn>1 e (u)=<4n+2,n=1(mod3) .
4n—2,n=2(mod 3)

Vertex u;

Tab. 1: Values of o;, and d(x,X)

Number of the k d(x,x)

sector, i 11213141516

0 00 2 2 2 |1 3

1 00 2 2 2 |1 2

2 00 2 2 2 |1 2

3 00 212121 3

4 00 2 2 2|1 1

5 00 2 2 2 |1 1
Tab. 2: Values of & and 57
Number 3 5
of the K k
sector,1 F'o[ 1234560123456
0 i1/1(12}1}1}0|0|212|12|2|212(12]0]0
1 i1/1(1(1}1}0|0|2|2|212|12j0]0]0
2 1/]1}1/0|]0}0|0O0]J]O]J]O|J0O0O]|O|0O0O]|0O0]O0
3 1/12(2}2}0|0|]O|21|12|12|0j0]0]O0
4 i1/12(12}1}1}1|11111(1(0(0]07]0
5 1/]17j1/0|]0}0|0O]JO]O|J0O0O|]0O|O0O]|0O0]O
For n>5

e, (u,) =4r,(n-4;3,3)+8r,(n-5;3,3) +12r,(n—-6;3,3) +10r,(n—-7;3,3) + 61,(n—8;3,3) + 2r,(n - 9; 3,3) +
+16r,(n; 3) +16r,(n—1,3) +14r,(n—2;3).

14?” n=0(mod3)

1l4n+4

For n>5 e (u,)= ,n=1(mod3) .

14n-4

,n=2(mod 3)



Plane group a b Y, °
c2mm 5.0000 1.7321 90
Vertex CN X
Uz 5 0.3
Uz 4 0.1 0
Number of Vertex fractional Length
coordinates of the
Growth polygon the growth a, ©
polygon _ _ ray
vertex i Xi yi d(I’)
0 1/6 1/6 19.107 6
1 1/8 3/8 46.103 8
2 0 12 90 2
3 -1/8 3/8 133.897 8
4 -1/6 1/6 160.893 6
5 -1/6 -1/6 199.107 6
6 -1/8 -3/8 226.103 8
7 0 -1/2 270 2
8 1/8 -3/8 313.897 8
9 1/6 -1/6 340.893 6
Vertex u;
Tab. 1: Values of o;, and d(x,x;)
Number of the k d(x,X)
sector, i 112[3[4|5]|6]7|8|9/10]|11[12]13|14
0 Oj1(1)1|1j2|3|1(1|2|2]0]|0]1 0
1 1/0(0j1}j2j1j0j2j12j1|0]0}|O0|O 0
2 1/1/0(0}2}|2|0j0j2]1|0]|]0]O0|O 0
3 oOjoj1|1|1j12|3|2(1|2|2|1|0]1 0
4 1(1|1(2(2|3|1(1|3|]0]|0|1|0]|O0 0
5 ojoj1y12112/13|12|1112|2}1|0]|1 0
6 1/1/0(0}2}2|0j0j2]1|0]|]0|O0|O 0
7 1/0(0j1j2j1j0j2j12j1|0]|0}|O0|O 0
8 O(1(1)1(1j2|3|1|1|2|2|0|0]|1 0
9 0/0(21)1|1|3}2|2|3]1|1]1]0]0 0
Tab. 2: Values of &, and 57
Number S 5%
of the K K
sector, 1 T oJ1]2[3[4[0]1[]2[3]4
0 1/0(0[1]0]0|0]|]0]0]O
1 1/0(0(0]1]0]|]0]|]0]0]O
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For n>1
e, (u,)=4r,(n-12,8)+2r,(n-2;2,8) +2r,(n—4,2,8) +8r,(n-5;2,8) + 6r,(n—6;2,8) + 2r,(n -8, 2,8) +
+4r,(n-9;2,8) +4r,(n-10;2,8) + r,(n—1,6,6) +r,(n—2;6,6) + 2r,(n - 3;6,6) + 3r,(n— 4,6,6) +
+3r,(n-5;6,6) +6r,(n—6;6,6) +3r,(n—-7,6,6) + 3r,(n-8;6,6) + 6r,(n—9;6,6) +r,(n—10;6,6) +
+r,(n-11,6,6) + 2r,(n-12;6,6) + 2r,(n - 2;6,8) + 4r,(n—3;6,8) + 4r,(n — 4,6,8) + 4r,(n - 5;6,8) +
+6r,(n-6;6,8) +12r,(n-7;6,8) + 6r,(n—8;6,8) + 4r,(n-9;6,8) +8r,(n-10;6,8) +8r,(n—-11,6,8) +
+2r,(n—-12;6,8) + 4r,(n—14;6,8) + 2r,(n; 2) + 4r,(n; 6) + 4r,(n —3;6) + 4r,(n; 8) + 4r,(n — 4;8).
4n+1,n=14,7,10,13,16,19, 22(mod 24)
Forn>1 e (u)= 14?n,nE0,3,6,9,12,15,18,21(mod24)

4n-1,n=2,5,8,11,14,17,20,23(mod 24)

Vertex u;

Tab. 1: Values of o;, and d(x,X;)

Number of the k d(x,x)
sector, i
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Tab. 2: Values of 55 and 52 .

Number
of the
sector, i
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For n>1
e, (u,)=2r,(n-12,8)+2r,(n-2;2,8) +4r,(n—-3;2,8) + 2r,(n - 4;2,8) + 4r,(n-5; 2,8) + 6r,(n - 6;2,8) +
+4r,(n-7,2,8) + 2r,(n-8;2,8) + 2r,(n -9; 2,8) + 4r,(n -10;2,8) + 2r,(n -1,6,6) + r,(n — 2,6,6) +
+5r,(n—4;6,6) + 4r,(n—-5;6,6) + 2r,(n—6;6,6) + 4r,(n—7;6,6) + 5r,(n -8;6,6) + 4r,(n-9;6,6) +
+r,(n-10;6,6) + 2r,(n-11;6,6) + 2r,(n —12;6,6) + 4r,(n - 2;6,8) + 2r,(n - 3,6,8) + 2r,(n — 4,6,8) +
+8r,(n-5;6,8) + 6r,(n-6;6,8) +8r,(n—7,6,8) + 6r,(n—8;6,8) +8r,(n-9;6,8) + 6r,(n—-10;6,8) +
+6r,(n—-11,6,8) + 4r,(n -12;6,8) + 4r,(n —14,6,8) + 2r,(n; 2) + 4r,(n; 6) + 4r,(n - 3;6) +
+4r,(n;8) +4r,(n—4,;8).

181 ) _147,10,13,16,19, 22(mod 24)

For n>1 e (u,)=44n,n=0,36,9,12,1518,21(mod 24)
M, n=2,5,8,1114,17,20,23(mod 24)



krj Plane group a b Y, °
p299 3.8636 1.9319 90
Vertex CN X y
Uz 5 0.0335 0.2500
Uz 5 0.2835 0.1160
Number of Vertex fractional Length
the growth coordinates Y of the
Growth polygon polygon | | i, ray
vertex i Xi yi d(l’)
0 1/4 0 0 4
1 1/6 1/3 45 6
2 0 12 90 2
3 -1/6 1/3 135 6
4 -1/4 0 180 4
5 -1/6 -1/3 225 6
6 0 -1/2 270 2
7 1/6 -1/3 315 6
Vertex u;
Tab. 1: Values of ¢;, and d(x,X;)
Number of the k d(x,%)
sector, i 1/2|3|4|5|6]7|8|9]10
0 0|1|2]2|3]2|3|2]0]1 0
1 Oj1|1|1|2]1]|1|1]0]| 0 0
2 1/0(1|2]2|1]0[1|0] O 0
3 1/0(1]2]3[3]|2]|2|1]|1 0
4 0|1]2]2|2|2|3|2|1]1 0
5 1/1]1(1j1|1]1{1|0] O 0
6 O|1|1|1|2]1]|1|1]0] 0 0
7 111]1(2(3|2]2|2|1]1 0
Tab. 2: Values of 5 and 5% .
Number o 52
of the K K
sector,1 o1 ]2[3[4]5]0]1]2[3]4]5
0 1/0(1(0]0]O0O]O]O]|O]O]O]O
1 1/1/0(1]0]0|0|0|O0O]|0O]0O]O
2 1/0(0[0]0]0]0O]|]O]|O]|]O]O]O
3 1/0(1(1]0]0]0|0]|0O]0O]0O]O
4 1/0(1(0]0]0]0O0]|0O|0O]|]O]O]O
5 1/0(0(1]0]1]0]|0O]|O]O]O]O
6 1/0(0(0]0]0O0]|O0O|O|O0O]|O]|]O]O
7 1/0(0(1]1]0]0|0]|0]0O]O0]O




For n>1
e,(u)=2r,(n-12,6)+3r,(n-2;2,6) +4r,(n-3,2,6) + 5r,(n—4;2,6) + 7r,(n —5;2,6) + 4r,(n - 6;2,6) +
3r,(n—7;2,6) +4r,(n—-8;2,6) + 2r,(n—1,4,6) + 3r,(n— 2;4,6) + 61,(n - 3;4,6) + 8r,(n— 4;4,6) +
+11r,(n-5;4,6) +9r,(n —6;4,6) +10r,(n—7;4,6) +8r,(n—8;4,6) + 3r,(n—9;4,6) + 4r,(n —10;4,6) +
2r,(n;2) +2r,(n;4) + 2r,(n—2;4) + 4r,(n;6) + r,(n—-1,6) + r,(n—2;6) + 4r,(n—3;6) + r,(n—4;6) + r,(n—5;6).

an,n =0,3,6,9(mod12)

16n-1

Forn=1 e (u)= ,n=14,7,10(mod12).

16n+1

,n=2,5,8,11(mod12)

Vertex u;
Tab. 1: Values of o;, and d(x,X;)

Number of the k d(x,x)
sector, i 112]3[4]5]6]7]8]9]10
0 111]2]2[3]3]2]1]0]1 0
1 ol1l1]2l2]2l2]2]0] 0O 0
2 1/of1]2f2]2l2]2]0]o0 0
3 11122232111 0
4 ol1l21213]2]2]2]1]1 0
5 1/2l2]2]2]2]of2]0] 0 0
6 ol1]2]2l1]2l2]2]0] O 0
7 ol1l21213]2]2]2]1]1 0

Tab. 2: Values of & and 57 .

Number S 5%
of the K K

sector,1 ' o[ 1]2[3J]a[5|0[1]2[3[4a]5s
0 1/olofolololololo|lo|lo]oO
1 1/oJolr1]lololololololo]oO
2 1/ojolololololololo|lo]oO
3 1]of1]olol12]lololololo]oO
4 1/olololololololo|lo|lo]oO
5 1/ololol12]lolololololo]oO
6 1/ojofolololololololo]oO
7 1]1]0lof12]o]lolo]ofoflo0o]o

For n>1

e,(u,) =2r,(n-1,2,6) +3r,(n—2;2,6) + 5r,(n - 3;2,6) + 5r,(n — 4;2,6) + 61,(n -5, 2,6) + 4r,(n - 6;2,6) +
3r,(n—-7,2,6) +4r,(n—8;2,6) + 2r,(n -1,4,6) + 4r,(n — 2,4,6) + 8r,(n - 3;4,6) + 8r,(n — 4;4,6) +
+11r,(n—5;4,6) +10r,(n —6;4,6) +8r,(n—7;4,6) + 6r,(n —8;4,6) + 3r,(n —9;4,6) + 4r,(n —10;4,6) +
2r,(n;2) +2r,(n;4) + 4r,(n;6) + r,(n —1,6) + r,(n — 2;6) + r,(n —3;6) + 2r,(n — 4;6) + r,(n —5;6).

16?n,n50,3,6,9(mod12) 16042
o1 oN* e — 4,10(mod12)
For n>1 e, (u,) = ,n=1,7(mod12) , e, (u,) =
16n+1

,n=511(mod12)

%, n = 2,8(mod12)




krk Plane group a b Y, °
p6mm 3.7321 3.7321 120
Vertex CN X y
Uz 5 0.15470 0.57735
Uz 4 0.15470 0.30940
Number of Vertex fractional Length
the growth coordinates of the
Growth polygon ai, °
polygon . _ ray
vertex i i i d(T,)
0 1/4 0 0 4
1 1/4 1/4 60 4
2 0 1/4 120 4
3 -1/4 0 180 4
4 -1/4 -1/4 240 4
5 0 -1/4 300 4
Vertex u;
Tab. 1: Values of o;, and d(x,X)
Number of the k d(x,x)
sector, i 112 |3|4]5|6|7]|38
0 0122 |3]|]2]1 1 0
1 0|2 |2|2|3|1]|1 1 0
2 O 1|12 |3 |2]|2 1 0
3 112 (112 |2]|1]2 1 0
4 O 1|12 ]|3|2]|2 1 0
5 02|22 |3]|]1]1 1 0
Tab. 2: Values of & and 57 .
Number 5 5
of the K K
sector, T o[1]2[3[0]1[2]3
0 1]/1|]0|0|J0]|0]J0]O
1 1]/1|]0|0|J0]|0]J0]O
2 11101 |]0]0|0]|O
3 1]/]0|0[12]0]|0|0]O
4 1/]0|0|1]0]|0]|0]|O
5 1]1|]0[1]0]|0]|0]O




For n>1
e, (u)=r,(n-14,4)+9r,(n-2;4,4)+9r,(n-3;4,4) +12r,(n—4,4,4) +17r,(n-5;4,4) + 9r,(n—6;4,4) +
+9r,(n—7;4,4) +61,(n—8;4,4) +61,(n; 4) + 4r,(n -1, 4) + 4r,(n - 3; 4).

9—2n,n =0,2(mod 4)

For n>1 e (u)= on+1

,n=1(mod4) .
9n-1

,n=3(mod 4)

Vertex u;

Tab. 1: Values of o;, and d(x,X;)

Number of the k d(x, %)
sector, i 11 2]3]4]5]6]7]8
0 ol1l223]2]1]1 0
1 ol1]3[2]3]|2]0]1 0
2 ol1l2]23]2]1]1 0
3 112222111 0
4 olo|l1|23[3]2]1 0
5 112222111 0

Tab. 2: Values of 5 and 5% .

Number 5&) @(i)
of the ' ;
sector, i k k
' o|1(2|3|0|1]|2]3
0 1/0|]0|0|]O0O|0O0]|O0]O
1 1]11(1]0|0|0]|0]|0O
2 1(1|11|]0j0|0|0]0O
3 1/0|0|0|O0|O0]|O0]O
4 1|j]0(1(1|]0l0]|0]|0O
5 1/0|1|1]0|0|01]0O0
For n>1

e,(u,)=2r,(n-14,4)+5r,(n—2;4,4) +12r,(n - 3;4,4) +12r,(n— 4, 4,4) +16r,(n—5;4,4) +
+13r,(n—-6;4,4) +6r,(n—7;4,4) + 6r,(n—8;4,4) +61,(n;4) + 2r,(n -1 4) + 4r,(n— 2;4) + 2r,(n - 3; 4).

9?n,n =0,2(mod 4)

9n-1

Fornz1 e, (u,)= ,n=1(mod4) .

9n+1

,n=23(mod4)



krl Plane group a b A
c2mm 1.0000 5.7321 90.0
Vertex CN X y
Uz 5 1/2 0.3254
Uz 4 1/2 1/2
Number of Vertex fractional Length
coordinates of the
Growth polygon the growth ai, °
polygon x; Vi ray
vertex i ' ' d(r,)
0 1 0 0 1
1 1/6 1/6 80.104 6
2 -1/6 1/6 99.896 6
3 -1 0 180 1
4 -1/6 -1/6 260.104 6
5 1/6 -1/6 279.896 6
Vertex u;
Tab. 1: Values of o;, and d(x,X)
Number of the k
sector,i |1]2]3]4]5]6 7 8910111z 10X
0 0Of1f1|1f1|1|1|0|0| 0|0 O 0
1 1/1(0|2|2|1|1|1]2|0 |01 0
2 O(1(21(1(1|1{1|/0|0| 0|0 O 0
3 1/1(0|2(1(0|2]0(0|0]|0]0O0 0
4 ojojo|1|1)|1|2|2|2|1|1]1 0
5 1/1(0|2|1(0|1|0(0|0|O0]O 0
Tab. 2: Values of & and 5.
Number Sk S
of the K K
sector,ifoJ1]2[3J0]1[2]3
0 1/0|0|0|O0O|0]|O0]|O
1 1/0|]0(1]0|0]0]|O0
2 1/0|0(1]|0|0]|O0|O
3 1/0|0|0]|O0O|0]|O0]|O
4 1/0|0(1]0|0]|O0]|O0
5 170|0(1]0|0]|0]|O0




For n>1
e, (u,)=2r,(n-11,6) +4r,(n—2;1,6) + 2r,(n - 3;1,6) + 6r,(n - 4;1,6) + 4r,(n —5;1,6) + 2r,(n— 6;1,6) +
+4r,(n—7;1,6) +r,(n—-1,6,6) +r,(n—2;6,6) + 3r,(n—4,6,6) + 3r,(n—5;6,6) + 2r,(n— 6;6,6) +
+3r,(n-7,6,6) +3r,(n-8;6,6) + 4r,(n-9;6,6) + r,(n—10;6,6) +r,(n -11,6,6) + 2r,(n —-12;6,6) +
+2r,(n;1) + 4r,(n; 6) + 4r,(n —3;6).

“T”,n —0,3(mod6)

Forn>1 e (u)= lan+1

,n=14(mod®6) .

14n-1

,n=2,5(mod 6)

Vertex u;

Tab. 1: Values of o;, and d(x,X;)

Number of the k
sector,i |1]2]3]4]5]6 7 8 9 01 1z d*X%)
0 o0(2(0|1j2j0(1|j0|0j0| 0] O 0
1 110|021 |11|1(2|2|0| 1|1 0
2 0j2|011(2(0j1j0|0|0]|0]|O0 0
3 0j2|011(2(0j1j0|0|]0)|0]|O0 0
4 1({0(0(2(|1|1|1|2|2|0 |11 0
5 o0(2(0|1|2j0(1|j0|j0j0| 0] O 0
Tab. 2: Values of & and 5% .
Number 5,(3 55?
of the K Kk
sector,1 f'oT172[3[0[1]2]3
0 110(0|]0|0|0]0O0]O
1 110(0(2|10(0]0]O
2 110(0(2|10(0]0]O
3 1{0(0|0|0]O0O|O0]O
4 110(0(1(0|0|0]O
5 110(0(2|10(0]0]O
For n>1

e,(u,) =8r,(n—-2;1,6) +4r,(n—4,1,6) +8r,(n—5;1,6) + 4r,(n—7;1,6) + 2r,(n —1,6,6) + 4r,(n— 4;6,6) +
+2r,(n-5;6,6) + 2r,(n—6;6,6) + 2r,(n—7,6,6) + 4r,(n —8;6,6) + 4r,(n—9;6,6) + 2r,(n—11,6,6) +
+2r,(n—-12;6,6) + 2r,(n;1) + 4r,(n; 6) + 4r,(n — 3;6).

14?”, n =0,3(mod 6)

For n>1 ¢, (u,)= lan-2

,n=14(mod6) .
14n+2

,n=2,5(mod6)




krm Plane group a Y,
c2mm 1.0000 7.7321 90.0
Vertex CN y
Uz 5 0.6940
Uz 4 0.4353
Number of Vertex fractional Length
Growth pol the growth coordinates e of the
rowth polygon polygon § | o, ray
vertex i ! i d(r;)
0 1 0 0 1
1 1/8 1/8 82.631 8
2 -1/8 1/8 97.369 8
3 -1 0 180 1
4 -1/8 -1/8 262.631 8
5 1/8 -1/8 277.369 8
Vertex u;
Tab. 1: Values of o;, and d(x,X;)
Number of the k d(x,x)
sector, i 112|3|4|5/6|7|8|9|10(11 /12|13 |14 15|16
0 1/1(1(0}2}1j1(0(2/0 (O |O |O (O |O |O 0
1 o|(ojojoj1f1|1j12/2|2 |2 (2 |1 |1 |1 |1 0
2 1/1(1|0|2}j1|12]{0]|1|/0 |O |O |O |O |O |O 0
3 o|1(1f1j1{1f1y2{1/0 (O |O |[O |[O |[O |O 0
4 1110222111 (1 (2 |0 |0 |0 |1 0
5 oj1|1fj1fj1fy1fy1y1{1{0 (O (O |O |O (O |O 0
Tab. 2: Values of &5 and &% .
Number 3 59
of the K K
sector, 1 ToJT1[2[3[4]0[1]2]3]4
0 110 |0 |0 [0 |O (O |O |O |O
1 110 |0 |0 (1 ]0 (O |O |O |O
2 1 ({0 |0 |0 |1 |0 |0 |0 |0 |O
3 1 ({0 |0 |0 |O |O |O O |O |O
4 110 |0 |0 (1 |0 (O |O |O |O
5 110 |0 |0 (1 ]0 (O |O |O |O




For n>1

e,(u)=2r,(n-118) +4r,(n—2;1,8) + 4r,(n—3;1,8) + 2r,(n — 4;1,8) + 61,(n —5;1,8) + 4r,(n - 6;1,8) +
+4r,(n—-7;1,8) + 2r,(n—-8;1,8) + 4r,(n—-9;1,8) + ,(n -1,8,8) + r,(n—2;8,8) + ,(n —3;8,8) +
+3r,(n-5;8,8) +3r,(n-6;8,8) + 3r,(n—7,8,8) + 2r,(n —-8;8,8) + 3r,(n - 9;8,8) + 3r,(n -10;8,8) +
+3r,(n-11,8,8) + 4r,(n—-12;8,8) +r,(n —13;8,8) + +r1,(n —14;8,8) + r,(n —15;8,8) + 2r,(n - 16;8,8) +

For n>1

Vertex u;

+2r,(n;1) +4r,(n;8) +4r,(n—4,;8).

g?n,n =0,2,4,6(mod8)

In+1

e, (u)= ,n=1,5(mod8)

9n-1

,n=3,7(mod8)

Tab. 1: Values of o;, and d(x,X;)

Number of the sector, i K d(xx)
112(3/4|5|/6|7(8|9|10(11(12|13 |14 15|16

0 oj1(2|0y1}(1(2|0}{1(0 |O |O |O |O |O |O |O
1 1/112{0(0(2|2|1(12212|1 (2 (2 |0 |O (1 |1 |0
2 oj1(2|0}1(1(2|0}{1(0 |O |O |O |O |O |O |O
3 ofz2j1yj0(2{2|2/0|1|j0 (O |O |O |O |O (O |O
4 110{0(0(2|2|1(2(2|2 (2 |2 |0 |1 (1 |1 |0
5 o0(2(1|j0}1(2(12j0{1(0 |O |O |O |O |O |O |O

Tab. 2: Values of 5 and 5% .

Number 3 5

of the K K

sector,1 f'oT1[2[3[4]0[1[2]37]4

0 1 /0 (0 |0 |O ol0(O0O]0]O

1 1 {0 (0 |0 |1 0j]0|0|0]O

2 1 {0 (0 |0 |1 0j]0|0|0]O

3 1 /0 (0 |0 |O ol0(O0O]0]O

4 1 /0 (0 |0 |1 ol0(O0O]0]O

5 1 {0 (0 |0 |1 0j]0|0|0]O

For n>1

e,(u,) =6r,(n-2;1,8)+6r,(n-3;1,8) +4r,(n-5;1,8) + 61,(n—6;1,8) + 61,(N—7;1,8) + 4r,(n — 9;1,8) +
+2r,(n-1,8,8) +r,(n—2;8,8) + 4r,(n-5;8,8) + 3r,(n - 6;8,8) + 2r,(n - 7;8,8) + 2r,(n - 8;8,8) +
+2r,(n—9;8,8) +3r,(n-10;8,8) + 4r,(n—-11,8,8) + 4r,(n —12;8,8) + r,(n —14,8,8) + 2r,(n -15;8,8) +

For n>1

+2r,(n—-16;8,8) + 2r,(n;1) + 4r,(n;8) + 4r,(n — 4,8).

9—2n,n =0,2,4,6(mod8)

9n+1,n53,7(m0d8) )

e,(u,) =

9n-1

,n=15(mod8)




krn Plane group a b Y, °
P6mm 3.7321 3.7321 120
Vertex CN X y
Uz 5 0 0.2680
Uz 4 0.1547 0.5774
Number of Vertex fractional Length
the growth coordinates of the
Growth polygon ai, ©
polygon . _ ray
vertex i Xi yi d( ;)
0 1/4 0 0 4
1 217 17 30 7
2 1/4 1/4 60 4
3 17 217 90 7
4 0 1/4 120 4
5 =1/7 17 150 7
6 -1/4 0 180 4
7 =217 =17 210 7
8 -1/4 -1/4 240 4
9 =1/7 =27 270 7
10 0 -1/4 300 4
11 17 =17 330 7
Vertex u;
Tab. 1: Values of o;, and d(x,X)
Number d(x,x)
of thesector,i [1[2[3[4]5]6[7[8]9]10]11
0 O|1(1)1|2]2|1|2]|1]0 |1 0
1 0|1(1]0f2]2|1|2]|1]|1]|1 0
2 Oj1(1j1(2j1]1|2|1|1]|1 0
3 0O|1(1]1|2]2]|1|2|1]0 |1 3
4 Oj1j1)1|2}2|1}|2|1|0 |1 3
5 oj1j1)1|2j1|1}j2(1]|]1 |1 0
6 0|1(1]0f2]2|1|2]|1]1]|1 0
7 0111|221 |2]|1]0]|1 0
8 0|01 j1|1]2]2|2|1]1]|1 0
9 oj1j1)1|2}(2|1}j1|1]|]1 |1 4
10 oj1(1)1|1j1|12|2|1|1 |1 3
11 Oj0j1j1f1)j2]2|2]|1]1]|1 0
Tab. 2: Values of 5 and 5% .
Number 35 5%




of the k k

sector,i | 0 |1 |2 |3|4|5|6|0|1|2|3|4|5]|6
0 i1|11(0(0|0|O|O|O|JO|JO|O|O|O]O
1 i1|]0(0|0|O0O|JO|O|O|jO|JO|O|O|O]O
2 i1|j]0(0j12|j0|0O|O|O0O|JO|JO]JO]|]O|O]O
3 i1/0|0jO|O|JO|JO|1]|2]|]0|0O|1|1]|0
4 i1|11(1}2|1/0(0|1|1|0|0]|0O0|O0O]O
5 i1|112(0(0|1|12(0|1|]0|0|O0]|O0O|O0O]O
6 i1|j]0(0j12|j0|0O|O0O|O0O|jO|JO|O|O|O]O
7 i1|/]0(0|0|O0O|JO|O|O]|JO|JO]JO]|O|O]O
8 i1|/12(0|(0|0|O|O|O|JO|JOJO]|]O|O]O
9 i1|11(1j0|0|0|O0O|1]0|21|1|]0|O0]|O
10 112211110212 |1|1(110|01]O0
11 i1/0(1(1(0|0|1|]O0jO]O|O|O|O0O]|O

For n>5

e, (u)=6r,(n-2;4,7)+8r,(n-3;4,7) +6r,(n—4,4,7) +17r,(n—5;4,7) +18r,(n—6;4,7) +14r,(n - 7;4,7) +
+22r,(n—8;4,7) +15r,(n—9;4,7) +12r,(n-10;4,7) +15r,(n—11;4,7) + 4r,(n—12;4,7) + 2r,(n—13;4,7) +
+4r,(n-14;4,7) +r,(n-15;4,7) +10r,(n; 4) + 6r,(n -1, 4) + 4r,(n—2;4) +8r,(n—3;4) + 61,(M; 7) +
+2r(n-17)+2r(n-2;7)+4r,(n-3;7) +5r,(n—-4,;7) +3r,(n=5;7) +4r,(n—6;7).

367”, n=0,7,14,21(mod 28)

38\ _18,15,22(mod 26)

36n-4

n=4,11,18,25(mod 28)

36N+2 | _51219 26(mod28) .

36n+8

,n=6,13,20,27(mod 28)

For n>5 e (u)= 36n_ 2 , e (u)=
,n=2,9,16,23(mod 28)
30N +4 1 _310,17,24(mod 28)
Vertex u;
Tab. 1: Values of o;, and d(x,X)
Number k d(x,x)
ofthesector,i [1[2[3[4[5]6]7[8[9]10]11
0 ol1]afaf2]1]a]2]1]1]1 0
1 ol1]a]af2a]af2]2]1]1 0
2 ol1]afaf1]a]2]2]1]1]1 0
3 ol1]1f1]2]2]1][2]1]0] 1 2
4 ol1]afa]2]1]af2]1]1]1 3
5 ol1]of1]2]1]2]2]1]1]1 0
6 ol1]a]af2]2]2f1]2]1]1 0
7 ol1]afa]2]2]af1]2]1]1 0
8 ol1]ofa1f2]1]2[2]1]1]1 0
9 ol1]1fa]2]2]af1]1]1]1 5
10 ol1]1]1]2]2]1][2]1]0] 1 2
11 ol1]afaf1]a]2]2]1]1]1 0




Tab. 2: Values of &% and 5.

Number 35 5
of the k Kk

sector,i foJ1[2]3[4]5]6|0]1][2]3[4]5]6
0 1/1]/olololololololo[o|lo|l0O]O
1 1/olofololol2]o]lolo]olo|0O]O
2 1]1]ololofolo]ololololo|lo]oO
3 1]ofloflo]ofolof1]olol2r]1]0]1
4 1]1]2]2]o0lolol2]2]o]lolo0o|l0]oO
5 1]1]ol2]2]ololololololo|l0]O
6 1]/olol1]olololololololo|lo]oO
7 1]1]ololofolo]ololololo|lo]oO
8 1]/ojof1]ololo]olololololo]oO
9 1]1]ololofolol2]2]of2]2]0]oO
10 1]1]2]2]2]olol2]2]2]2l0ol0]oO
11 1]oJof1]2lol2]2]ololololo]oO

For n>6

e,(u,) =8r,(n—2;4,7) +6r,(n-3;4,7) +10r,(n - 4;4,7) +171,(n-5;4,7) +13r,(n—6;4,7) +18r,(n - 7;4,7) +
+21r,(n-8;4,7) +12r,(n-9;4,7) +15r,(n-10;4,7) +14r,(n-11,4,7) + 2r,(n -12;4,7) + 4r,(n-13;4,7) +
+2r,(n-14;4,7)+r,(n-15,4,7) +r,(n—-16;4,7) + 7r,(n;4) + 7Tr,(n—-1;4) + 6r,(n— 2,4) + 61,(N—3;4) +
+6r,(n;7)+3r(n-L7)+2r(n-2;7)+4r,(n-3;7) +4r,(n—4;7) +3r,(n-5;7) + 4r,(n—6;7).

For n>6
3%”, n = 7,21(mod 28) 3n-14  _ o(mod 28) N4 0 =14(mod 28)
30+13 |1 1emod28) %“T4 n =8(mod 28) 3616 _16(mod 28)
36n=2 |~ 9,23(mod 28) N +12 | 2(mod28) 36”; 24 ) =18(mod 28)
e,(u) =4 2210 o 317(mod28) , e, (u,) = | 22 n=amod28) ¢, (u,) = 36“{ 27 n=20(mod 28)
36010 1 _ 11 25(mod 28) %”T” n = 6(mod 28) 36”; 2L ,n=22(mod 28)
€N+2 1 —5,19(mod 28) 0N+ 1 =10(mod 28) 36”{ * n=24(mod 28)
36n =13 11— 13 27(mod 28) 0n-12 1 ~12(mod 28) 36n7+16 N =26(mod 28)




Plane group a b A
p6mm 47321 47321 120
Vertex CN X y
Uy 4 0.1220 0.2440
uz 4 0.1220 0.4553
Number of Vertex fractional Length
coordinates of the
Growth polygon the growth ai, ©
polygon % _ ray
vertex i ' i d(r,)
0 1/5 0 0 5
1 1/5 1/5 60 5
2 0 1/5 120 5
3 -1/5 0 180 5
4 -1/5 -1/5 240 5
5 0 -1/5 300 5
Vertex u;
Tab. 1: Values of o;, and d(x,X)
Number of the k
sector.i |[1]2]3]4]5]6]7 8 9 10| 4*X%)
0 O(1(113(3|3(3|2|1]|1 0
1 0(0(214(2|4|3|2|0]| 1 0
2 0(1(113(3|3(3|2|1|1 0
3 111221332211 0
4 0O(o0|112(2|4(4|2|2|1 0
5 11122332211 0
6 0(1(1(3|3[3[|3|2|1]1 0
Tab. 2: Values of 5% and 52..
Number 3 5P
of the K Kk
sector,1 f'oT1]2[3[a]0]1[2]3]4
0 1/0](]0l0|]O0O]0O0O|JO0O]0O|0O0]O
1 1/1}1(1]]0]0]J0}]0|0]O0
2 1/1}1(1]0]0]J0]0|0]O0
3 1/0|0(0|O|O]O|O]|O]|O
4 1/0(1(1|1/0|0|0|0]O
5 1/0}11|1j0]0]0|0]0O0




For n>1

e,(u)=2r,(n-15,5) +4r,(n-2;5,5) +9r,(n—3;8,5) +16r,(n—4,5,5) +16r,(n-5;5,5) + 20r,(n—6;5,5) +
+17r,(n—7;5,5) +12r,(n-8;5,5) + 61,(n—9;5,5) + 61,(n—10;5,5) + 61;(N; 5) + 21, (N —-1,5) + 4r,(N— 2;5) +
+4r,(n—3;5) + 2r,(n—4;5).

%n,nEO(modS) o142
o Nt 2 h=3(mods)
For n>1 e (u)= ,n=1(mod5), e, (u)= :
22n+2
21N 2 ,n=4(mod5)
,N=2(mod5)
5
Vertex u;
Tab. 1: Values of o;, and d(x,X;)
Number of the k
sector,i  |1]2]3]4]5]6]7[8]9] 0] ‘X
0 0|01 |2|2(4|4]|2|2]| 1 3
1 1(112(2(3]|3|2|2|1]1 2
2 001|224 |4]|2|2]| 1 2
3 0012|2414 ]|2|2] 1 4
4 0012|2414 ]|2|2] 1 1
5 1(1)12(2(3|3|2|2|1]1 1
6 0|0j1|2|2(4|4]2|2] 1 3
Tab. 2: Values of 5 and 5% .
Number 3 5%
of the K K
sector,1 foT1J2[3]4]5]6]7[8]9]10[11|0]1]2]3]4]5]6]7[8][9]10]11
o (1y1j1j1|1f1f2|2|2j0j0|0}1j0|10|0|j12|1f1|2]|0|0O|lO]O
1 j|1j0{0}0j1f2|2|j2|0f0|j0|0O}|1f2}|2|2|1|j1(1|0|j0|0O|O]O
2 |(1/0j2j1}j1/0|0|j0|j0OjO|JO|O|O|O|JO|JO|O|O|O|O]|JO|O|O]O
3 (111|232 |2|2|0|0j0O|JO0O|O|1}21|2]|2{1]0(0|0|J0O|0O|0O0]O
4 1112111141 2y1(1}1j1y1(1f(1|112j0j0]0(0|J0O] O] O
5 |1|0|1j1]1]|0|0|0O|O|JO[O]O]|O]|O|O|O|0O]|O|O]|O|O|O|[O]|O
For n>8

e,(u,) =r,(n-2;5,5) + 2r,(n - 3;8,5) + 4r,(n —4,5,5) + 7r,(n - 5;5,5) +10r,(n - 6;5,5) +15r,(n - 7,5,5) +
+17r,(n —-8;5,5) +16r,(n - 9;5,5) +15r,(n -10;5,5) + +11r,(n —11;5,5) + 6r,(n —12;5,5) + 3r,(n —13;5,5) +
+1,(n—14,5,5) +14r,(n;5) +16r,(n —1,5) +14r,(n — 2;5) +13r,(n — 3;5) +15r,(n - 4;5).

%, n=0(mod5)

For n>8 2n+4

e,(u,) = ,n=1(mod5),

222“, n =2(mod>5)

e, (u,)=

22n—-6

,n=3(mod>5)

M, n = 4(mod>5)




krr Plane group a b Y, °
p2mm 2.0000 2.7321 90
Vertex CN X y
U1 4 0 0.
Uz 4 0.25 0.3170
Number of Vertex fractional Length
coordinates of the
Growth polygon the growth I ai, ©
polygon . _ ray
vertex i Xi yi d(;)
0 1/2 0 0 2
1 1/4 1/4 53.795 4
2 0 1/3 90 3
3 -1/4 1/4 126.205 4
4 -1/2 0 180 2
5 -1/4 -1/4 233.795 4
6 0 -1/3 270 3
7 1/4 -1/4 306.205 4
Vertex u;
Tab. 1: Values of o;, and d(x,x;)
Number of the k d(X, %)
sector, i 112 (3|4|5]|6]|7
0 o(1]1]1]1]1]|0 2
1 111 (0|0 |1]1]1 0
2 1,1 (0|01 ]1]1 0
3 o1 11110 2
4 o(1]1]1]1]1]|0 2
5 111 (0|0 |1]1]1 0
6 1,1 (0|01 ]1]1 0
7 o111 ]1]1]|0 2
Tab. 2: Values of & and &5 .
Number 55 5%
of the K K
sector, 1 FoT1J2[3]0[1[2]3
0 1/2(0(0]1]1]0]0
1 11001 ]1]0]0]0
2 1/0[0[0|0]0]0]O
3 1/1/0[0]1]0]0]0
4 1/2(0(0|1]1]0]0




o
(BN
o
o
o
o
o
o
o

For n>3
e,(u)=4r(n-4,2,4)+4r,(n-5;2,4) +4r,(n—6;2,4) + 4r,(n-7,2,4) + 4r,(n-8;2,4) +
+4r,(n-1,3,4) +4r,(n—2;3,4) + 4r,(n—5;3,4) + 4r,(n—6;3,4) + 4r,(n-7;3,4) +
+21,(n;3) +4r,(n; 2) + 6r,(n—1;2) + 4r,(n; 4) + 4r,(n— 2;4) + 4r,(n — 3;4).

For n>3

14“3_ 6 ,n=0,6(mod12) Hn+7 ,n=1(mod12) in+1

14n_4,n =2,8(mod12) , e, (u,) = 11n+3,n =3(mod12) , e, (u,) = y,n =9(mod12) .

,n=7(mod12)

€ (ul) =

1408 _ 4.10(mod12) Un+11 o 5(modi2) Lin+5

,n=11(mod12)

Vertex u;

Tab. 1: Values of o;, and d(x,X;)

Number of the
sector, i

d(x,x)

0
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1
0
0
0
0
0
1
0
0
2

Tab. 2: Values of & and 57 .

Number 55
of the K
sector, i

0

olo|lo|o|o|o|o|o|k|=|2

S R =)

OO0 O IO|F|F

OIRr|IO|O|O|O|Oo|Oo|N
O|O|0O|O|Oo|Oo|o|o|o

~N oo WIN|E
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For n>1

e,(u,)=3r,(n-2;2,4)+6r,(n-3;2,4) +3r,(n—4,2,4) + 4r,(n-5;2,4) + 4r,(n—-6;2,4) + r,(n-1,3,4) +
+2r,(n—2;3,4) +3r,(n—-3;3,4) +3r,(n—4,3,4) + 4r,(n—5;3,4) +3r,(n—6;3,4) + 4r,(n - 7;3,4) +
+2r,(n;2) +2r,(n-1L2) + 2r,(n; 3) + ,(n—1,3) + r,(n— 2; 3) + 4r,(n; 4).

For n>1
2%, n=0,6(mod12) 2on -1
e, (u,) = 252_ 2 ,n=2,8(mod12) , e, (u,) = 25N +3
2N*2 | 410(mod12) 25’;_ >

,n=1(mod12)
,n=3(mod12), e, (u,) =

,n=5(mod12)

25n+5

25n-3

25n+1

,n=7(mod12)
,n=9(mod12) .

,n=11(mod12)



krs Plane group a b Y, °
c2mm 2.0000 5.4642 90.0
Vertex CN X y
Uz 4 0 0
Uz 4 0.25 0.1585
Number of Vertex fractional Length
coordinates of the
Growth polygon the growth ai, ©
polygon % _ ray
vertex i ' yi d(r,)
0 12 0 0 2
1 1/6 1/6 69.896 6
2 -1/6 1/6 110.104 6
3 -1/2 0 180 2
4 -1/6 -1/6 249.896 6
5 1/6 -1/6 290.104 6
Vertex u;
Tab. 1: Values of o;, and d(x,X;)
Number of the k d(x,x)
sector, i 1/2|3|4|5|6[7[8|9]10|11]12
0 O|1(1|2|2|1|2|1|{0|0 |0 |0 1
1 0|2|0|2|4|1]|4|2]2|2 |01 0
2 oO|1(1]2|2]1]2|1|{0|0 |00 1
3 0O|1(1]2|2]1]2|1|0|0 |00 1
4 0|2|0|2|4]1]|4|2]|2| 2|01 0
5 O|1(1|2|2|1|2|1|{0|0 |0 |0 1
Tab. 2: Values of 5 and 52
Number 3 5P
of the K K
sector, 1 'oJ1J2[3]4][0]1[2[3]4
0 1 |1 |1 |0 |0 |1 |1 |0 |0 |O
1 1 /0 [0 |1 |1 1 ]0 0O O |O
2 1 /0 |1 |1 |0 |1 ]0 O |O |O
3 1 /1 {1 1]0 |0 |1 |1 |0 |0 O
4 1 /0 |0 |1 |1 |1 ]0 0O |O |O
5 1 /0 |1 |1 ]0 |1 ]0 |0 |0 |O




For n>2
e,(u,) =4r,(n-3;2,6) +4r,(n—-4;2,6) +8r,(n-5;2,6) +8r,(n-6;2,6) + 4r,(n—7,2,6) +8r,(n -8;2,6) +
+4r,(n—9;2,6) + 4r,(n - 2;6,6) + 4r,(n — 4;6,6) +8r,(n - 5;6,6) + 2r,(n —6;6,6) +8r, (N - 7;6,6) +
+4r,(n-8;6,6) + 4r,(n-9;6,6) + 4r,(n-10;6,6) + 2r,(n—12;6,6) + 4r,(n—1,2) + 4r,(n - 2;2) +
+21,(n—3;2) +4r,(n; 6) + 4r,(n —1;6) + 4r,(n — 3;6) + 4r,(n — 4;6).

4n—2,n=0(mod 6) 4n+2,n=3(mod 6)
For n>2 e (u)= 14n+4,nzl(mod6), e (u) = 14n_8,nz4(mod6)
=4 1 = 2(mods) 1n+8  _5(mode)
Vertex u;
Tab. 1: Values of o;, and d(x,X)
Number k
. d(x,x;
ofthesector,i [1[2[3[4[5]6[7[8]9]10[11]12 (%)
0 oj11121211,2|1|/00]07}|O0 0
1 0121012141114 )|12|2| 2|01 2
2 oj1j1/2|2j1(2|1(0|0| 0|0 1
3 1(1|1(2(2|1(1(1|0] 0|00 0
4 0121012141114 )|12|2| 2|01 4
5 oj1112211,2|1|/0J0]07|O0 3
Tab. 2: Values of & and 5% .
Number 55 5P
of the Kk Kk
sector, 1 T oJ1]2[3]4[5]6]7|0]1[2]3[4[5]6]7
0 i1/111)j0|1j0|0}jO0O}|1j]0|l0|0OJ0]|J0O]0O]O
1 1/11/0)j1|j]0]j0|j0O]O}|1]0|0O|0O|J0]J0O]0O]O0
2 i1/7111|2|2|1|1}1(1(1(0(111|0]0]0O0
3 i1/{1(0|0j0OjO|O]JO|Oj]O|JO]O|O]O]JO]O
4 i1{1(0|12}j1j0(0jJO0O(2j0|1]|2|0]1]|1]0
5 1111|2211} 1|1j1(01111|0]0]0O0
For n>5

e, (u,)=r,(n-12,6)+2r,(n—-2;2,6)+3r,(n—-3;2,6) +5r,(n—4;2,6) + 7r,(n—5; 2,6) + 5r,(n - 6; 2,6) +
+6r,(n—-7;2,6) +6r,(n—8;2,6) +2r,(n-9;2,6) + 2r,(n -10; 2,6) +r,(n—11;2,6) + 2r,(n— 4;6,6) +
+4r,(n—6;6,6) + 4r,(n—7,6,6) +3r,(n—8;6,6) +8r,(n-9;6,6) + 3r,(n-10;6,6) + 6r,(n —-11,6,6) +

+4r,(n-12;6,6) + 2r,(n—-13;6,6) + 3r,(n —14,6,6) +r,(n-16;6,6) + 3r,(n; 2) + 3r,(n -1 2) +
+r,(n—6;2) +7r,(n; 6) + 6r,(n—1;6) +8r,(n — 2;6) + 7r,(n —3; 6) + 61, (N —4;6) + 81, (N —5; 6).

14n-3

,n=0,3(mod 6)

For n>3 e (u,)= 13n+2

,n=14(mod6) .
13n+1

,n=2,5(mod 6)




..hlm )
R 2PE = |o|w|w ||| w©
D Y= =
o o Lo <t 1 © =)
- N > | Q| O
= | - e
o | o
o ololololo
- o |3l |®|F|S
= — — AN o
— ™|~
g 3|8
<5 N
o] o | o — © | ©
< — © | ©
= N I =T = = e R
e o _ [
— =
©
8 £
— =
o |3 Sl |m g 8
< (@) mw - © | © © o o
Lo > = = — i
> I _ |
o
=} Y
o X o c —
mu I () rMOX
(<5} © &) Q= > o — o o™ < Lo
s S 3%
o Z S
_ \\\\\\\\\\)llllllllll
S
(@)
>
o
fut o
= E
o
f -
0] llIIIIIII(\\\\\\\\\

Vertex u;

d(x,x)

1
1
1
1
1
1

0
2
1
2
1
1

1

1
1

112(3|4|5/6|7(8]9|10|11 |12

012|002 ]|2[4|2|3] 2

0|0|1j2|2]|2]|2|2|2]|2

111]1]3]2]1]1]2]3

0/|0|1|2|2|2|2|2|2]|2
111]113]2]|1|1|2]|3
111]1]3]2]1]1]2]3

Tab. 1: Values of o;, and d(x,X)

Number

of the
sector, i

1
2
3
4
5

®
k

0

Tab. 2: Values of &% and 5.

Number

of the
sector, i




Forn>4
e,(u,) =2r,(n—2;6,6) +2r,(n—-3;6,6) +5r,(n—4,6,6) +8r,(n-5;6,6) +11r,(n—6;6,6) +14r,(n—7;6,6) +
+10r,(n-8;6,6) +10r,(n—-9;6,6) +10r,(n—10;6,6) +12r,(n—11,6,6) +11r,(n—12;6,6) + 61, (N —13;6,6) +
+4r,(n—14;6,6) + 2r,(n-15;6,6) +r,(n —16;6,6) + 9r,(n; 6) +10r,(n —1;6) +10r,(n—2;6) +9r,(n —3;6) +
+6r,(n—4;6) +6r,(n-5;6).
1In-6 n+6

,n=0(mod6) ,n=3(mod6)
Forn>4 e (u)= 10n+2,nsl(mod6), e, (u)= 8n_2,nz4(mod6) :
8n+8 | = 2(mods) 1008 | _5(mods6)
Vertex u;
Tab. 1: Values of o;, and d(x,X;)
Number k d(x,x)
of the
sector, i 1(2|13|4(5|6|7(8]9]10]|11]|12
0 Oj(1(1(1(1(1|3|3(3|]2|1]|1 0
1 0|0j1|12|2|2|2|2|2]|2|2|1 2
2 0|0j1|2|2|2]|2|2|2]|2|2|1 3
3 1(1)1(3(2|11|2|3]1|1]1 0
4 Oj1j11)1(1|3|3(3|]2|1]|1 3
5 Oj1(11}1(1|3|3(3|]2|1]|1 2
Tab. 2: Values of 5% and 5.
Number 5 5
of the k k
sector,1 [ oJ1[2[3[4]5]6[7]0f]1]2[3[4]5[6]7
0 110212 }j1y2(0j0(2]0]0|0]JO]O0O|0]O0
1 1/1|1(1|0|1(0|0]12]0|0O]0O0O]0|0O]O0]O
2 111|112 |1j1(1]1j1|1]1]2|1]1
3 1/02}17012j0j]0|0]JO0O]O0O|0O]JO]J]O|0]O
4 1/0j0(212j010j]0]O0O|0O]JO]O|O]JO]O|0O0]O
5 1111233 |1/0(2]|1}j1(1)1]1(0]0O0
For n>5

e,(u,)=r,(n-16,6)+2r,(n—2;6,6) + 2r,(n—3;6,6) + 5r,(n—4;6,6) + 61,(n —5;6,6) + 7r,(n - 6;6,6) +
+10r,(n—7;6,6) +11r,(n-8;6,6) +14r,(n-9;6,6) +13r,(n-10;6,6) +12r,(n—11,6,6) +
+11r,(n-12;6,6) + 7r,(n —13;6,6) + 5r,(n —14;6,6) + 2r,(n —15;6,6) +10r,(n;6) + 9r,(n —1;6) +
+10r,(n—2;6) +10r,(n—3;6) + 7r,(n — 4;6) +8r,(n —5;6).

3n,n=1,4(mod 6)
For n>5 ¢€,(u,)=<3n-1,n=0,5(mod6).
3n+1,n=2,3(mod6)



usm Plane group a b Y, °
p4gm 3.3461 3.3461 90
Vertex CN X y
up 5 0.1057 0.1830
uz 5 0.1057 0.6057
e of | o e
f the
Growth polygon the growth a, © °
polygon « . " ray
vertex i ' yi d(T;)
0 1/4 1/8 26.565 8
1 1/5 1/5 45 5
2 1/8 1/4 63.435 8
3 -1/8 1/4 116.565 8
4 -1/5 1/5 135 5
5 -1/4 1/8 153.435 8
6 -1/4 -1/8 206.565 8
7 -1/5 -1/5 225 5
8 -1/8 ~1/4 243.435 8
9 1/8 -1/4 296.565 8
10 1/5 -1/5 315 5
11 1/4 -1/8 333.435 8
Vertex u;
Tab. 1: Values of o;, and d(x,X;)
Number k
of the d(x,%)
sector. i 1/2|3|4|5|6|7|8|9(10|11|12|13|14|15]| 16
0 o|(o0(1/1|1j1|2|21f(2|1|1]j0|212|0|O0]|O 0
1 o(1(1/1|1j2|1|2f(2|1|1j0|2|0|0]|0O 0
2 0({1/2|/3|4|5|5|5/6|5|4|3|2|1|1]1 0
3 o|(o(1/1|1j1|2|1f(2|1(1j0|2|0|0]|0O 0
4 o|(o(11|1j1|2|1f(2|1(1j0|2|0|0]|0O 0
5 1(1|12|3|3|5|/5|5|/5|/5|4|3|3|1]1]1 0
6 o(1/1/1|2}j2|1{2(2y1(0j1|12|10|07]0 0
7 o(1/21|2j2|1{2f2y12(1j12{12|10|07]0 0
8 1(1|2|3|4|5/6|5|5|/5|4|3|2|1]0]1 0
9 o(1/0(1f2}2|1{2y2|y1(1j1{1|10|07]0 0
10 o(1/0(1f2j2|1{2y2|y1(1j1}1|10|07]0 0
11 1(1|3|3(4|5|5|5|5|/5|3|3|2|1]1]1 0




Tab. 2: Values of 5% and 57 .

Number 3

&

[ =

of the k

sector, i
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olr|o|ojo|o|o|lo|o|o|lo|o|w
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olo|o|o|o|o|o|o|o|o|o|o|o
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OO0 |0O|O|0O|0|O0|o|Oo|o|0|>

For n>1

e,(u,) =5r,(n—-2;5,8) +6r,(n—3;5,8) +8r,(n—4,5,8) +8r,(n-5;5,8) +11r,(n—-6;5,8) + 11r,(n - 7;5,8) +
+8r,(n-8;5,8) +12r,(n-9;5,8) +8r,(n-10;5,8) + 7r,(n —-11,5,8) + 4r,(n —-12;5,8) +8r,(n—13;5,8) +
+3r,(n—-1;8,8) + 4r,(n—2;8,8) +9r,(n-3;8,8) +12r,(n - 4,;8,8) +15r,(n—5;8,8) + 20r,(n - 6;8,8) +
+21r,(n—7,8,8) + 20r,(n—8;8,8) + 21r,(n-9;8,8) + 20r,(n—10;8,8) +15r,(n—-11;8,8) +12r,(n—12;8,8) +
+9r,(n—-13;8,8) +4r,(n—14,8,8) + 3r,(n—15;8,8) + 4r,(n-16;8,8) + 4r,(n;5) + 2r,(n —1,5) + r,(n—2;5) +

+r,(n—3;5) + 2r,(n—4,5) +8r,(n;8).

For n>1
%”, n=0,5,15, 20, 25,35(mod 40) 2In+3 | _ 6(mod 40) 27:_)_ >
2in+1 ) _7.12.17,27,32,37(mod 40) 2M =3\ _ 34(mod 40) 272* 6
e (u)=12"=1 3813 2328,33(mod40) , e, (u) =12 "% 1~ 38(mod40), e, (u,) = 27':3_6
21N+ 2 | 4.9,19,24,29,39(mod 40) 27N =4 '\ _ 2(mod 40) 27';* l
2IN=2 \\ _111,16,21 31 36(mod 40) 2IN+5 \_ 30(mod 40) 2rn-7
Vertex u;
Tab. 1: Values of o;, and d(x,X;)
Number k
of the d(x,x)
sector i | 1] 2|3[4[5]6|7|8[9]10[11|12|13 14|15 |16
0 Jo|1|t|z|2]r]rfzlz[21]1]1[1]0]0]o0 0
1 Jol1|1]2jt|afafaf2[21]1]1]1]0]0]0O 0
2 |1]1]2[3|4|5]/6|5|5|5|4|3]2]1]0]1 0
3 Joj1lzlolr]arftl2l1]11[1]0o]0]o0 0
4 Jol1l1|1]rlrfz(zl1] 1111|000 0
5 |0/1|2|3|4|5|5|5|6|5]|4]3|2]1]1]1 0
6 |0|1|1|1|1|1]1]1]|2]1]|1]|0]1]0]0]0 0
7 Jol1|1|1|1|1]1]1]2]1]|1]0]1]0]0]0 0

,n =10(mod 40)
,n =22(mod 40)
,n =18(mod 40)
,h =14(mod 40)

,n =26(mod 40)



8 0(1(2|3|4|5|5|5|6|5 |4 |32 |1]|1]1 0
9 of1y1y2¢2}{1|2(2j12,12({212}11j]0|101|0O0 0
10 ofr1j1|j0¢(2|1|24(2}2112({1(111j]0|101|0O0 0
11 |1]1(2|3(4|5|6|5|5|5|4|3|2|1]0]1 0
Tab. 2: Values of 5 and 5
Number 3 52
of the k k
sector,i [ oJ1[2]3[4]o0]1]2[3]4
0 1/0]]0|0|]O0O]O0O|JO0O]O|O0O]O
1 1/]0j]0|0|]212]0]J0]|0|0]0O0
2 1/]0](]0|0|]O0O]0O0O|JO0O]0O|O0O]O
3 1/]0](]0l0|]O0O]0O0O|JO]|0O|O0O]O
4 1/1]0|0|1]0|J0]0|0]0O0
5 1/0]0|0|]O0O]O0O|JO0O]O|O]O
6 1/0]]0|0|]O0O]0O0O|JO0O]|]0O|O0O]O
7 1/1]0|0|]0]0|J0O0|0O0O|0]O
8 1/10(0]0|O0O|]O0O]|]O]JO|O]|O
9 1/0(0]0|O0O|]O0O]O]JO|O]|O
10 1/11(0(0}|1|0|]0]J0O|O0O]|O
11 1/]0](]0|0|]O0O]0O0O|JO0O]0O|O0O]O
For n>1

e,(u,) =8r,(n-2;5,8) +8r,(n-3;5,8) + 6r,(n—4,5,8) +8r,(n-5;5,8) +8r,(n—-6;5,8) +8r,(n—7,5,8) +
+8r,(n-8;5,8) +12r,(n-9;5,8) +8r,(n-10;5,8) +8r,(n-11;5,8) + 61,(n —12;5,8) + 8r,(n —13;8,5) +
+2r,(n-1,8,8) + 4r,(n—2;8,8) +8r,(n—3;8,8) +12r,(n - 4,8,8) + 16r,(n -5;8,8) + 20r,(n —6;8,8) +
+22r,(n—-7,8,8) +20r,(n-8;8,8) + 22r,(n - 9;8,8) + 20r,(n-10;8,8) +16r,(n —-11;8,8) +
+12r,(n-12;8,8) +8r,(n—13;8,8) + 4r,(n—14;8,8) + 2r,(n -15;8,8) + 4r,(n -16;8,8) +

+4r,(n;5) +3r,(n—1,5) + 3r,(n — 4;5) +8r,(n; 8).

For n>1

2L5n n =0,20(mod 40)

27n+1

,n=7,37(mod 40)
27n-1

,n = 3,33(mod 40)
27n+2

,n =29,39(mod 40)

27n-2

e (u,) = ,n=111(mod 40)

27n+3

,n =16,36(mod 40)
27n-3

,n =4,24(mod 40)
27n+4

,n =8,28(mod 40)
27n—4

,n =12,32(mod 40)

J en(uz) =

27n+5

,nh =5,15(mod 40)
27n-5

,n = 25,35(mod 40)
2/in+9

,n =13,23(mod 40)
27n—6

,n =38(mod 40)
2in+7

,n =34(mod 40)
27n-9

,n =17,27(mod 40)
27n+8

,h =21,31(mod 40)
27n—-8

,n =9,19(mod 40)

) en(uz) =

27n+6

,n = 2(mod 40)
2in-7

,n =6(mod 40)

27n+10
5
27n-10
5
2/n+13
5
27n-13
5
27n+14

5
2/n-14

,n =10(mod 40)

,n =30(mod 40)

,n =26(mod 40)

,h =14(mod 40)

,n =18(mod 40)

,n =22(mod 40)



